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Abstract

In this paper we have shown that if φ ∈ (L2
h(dAα))⊥ ∩ L∞(D) and

RangeT
(α)
φ is closed, then the Toeplitz operator T

(α)
φ ∈ L

(
L2
a(dAα)

)
is a Fredholm operator of index zero and T

(α)
φ is not of finite rank.

Several applications of the result were also obtained. We further show
that if φ ∈ L∞Mn

(D) is such that Tφ is Fredholm and of index zero in

L
(
L2,Cn

a (dAα)
)

then there exists ψ ∈ En×n = E⊗Mn such that Tφ+δψ
is invertible for all sufficiently small nonzero δ. Here E is a total sub-
space of L∞(D) and Mn is the set of all n× n matrices with complex
entries.
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1 Introduction

Let dA(z) = 1
πdxdy = 1

π rdrdθ be the normalized area measure on the open
unit disk D = {z ∈ C : |z| < 1} in the complex plane C. For α > −1, let
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